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5.2 Conclusions
In this research. we establish the following results.

Theorem 5.2.1. Let (' be a nonempty closed convex subset of a real Hilbert space H,
let F be a bifunction from CxC to R satusfying (A1)-(A4) and let o : C = RU{+00}

be a proper lower semicontinuous and convex function with assumption (B1) or (B2).
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Let {T;}Y, a finite family of quasi-nonexpansive and L;-Lipschitz mappings of C
into itself, let A be a J-inverse-strongly monotone mapping of C into H, let B be a
£-1nverse-strongly monotone mapping of C into H and M : H — 29 be a mazimal

monotone mapping. Assume that
O =N, F(T)NGMEP(F, 0. A)NI(B, M) # 0.

Let K,, be the K-mapping generated by T\, Ty, ..., Ty and Yn1, Yn2, -, Ynn. Let {z.},
{yn}, {vn}, {2n} and {u,} be sequences generated by zo € H, C, = C, z, = P, xy,
u, € C and let

1
( F(umy) +o(y) - ©(un) + (Azpn,y — Up) + T(y = Un,Un — Tn) >0, VyeC,

n

Un = JM,(Sn(un i (SnB'un)y
) Un = JM,/\n(yn T )\nByn)a
Zn = 0nTn + (1 — o) K v,

Chyr = {;’ €C, |lzn =2l < flxn — zn},

L Tnp1 = Pcn+1$0, ne N,

(5.2.1)
where {ay,} C (0,1) satisfy the following conditions:

(i) {an} C [0,¢€] for some e with0 <e <1,

(1) {6n}, {An} C la,b] for some a,b with 0 < a < b < 2¢,
(11i) {rn} C [c,d] for some c,d with 0 < ¢ < d < 2;3.
Then, {x,} and {u,} converge strongly to z = Pox.

Corollary 5.2.2. Let C' be a nonempty closed convex subset of a real Hilbert space
H, let F be a bifunction from C x C to R satisfying (A1)-(A4) and let ¢ : C —
R U {400} be a proper lower semicontinuous and convex function with assumption
(B1) or (B2). Let {T;}Y, a finite family of nonexpansive mappings of C into itsely,
let A be a 3-inverse-strongly monotone mapping of C into H, let B be a &-inverse-
strongly monotone mapping of C into H and M : H — 2" be a mazimal monotone

mapping. Assume thal

O =N, F(T)NGCMEP(F, . AYN1(B, M) # 0.
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Let K,, be the K -mapping generated by Ty, Ts, ..., Ty and Yo1, Yn2s ---» Yan- Let {z,},
{yn}, {vn}, {2n} and {u,} be sequences generated by (5.2.1) satisfy the following

conditions in Theorem 5.2.1. Then, {z,} and {u,} converge strongly to z = Pexy.

Theorem 5.2.3. Let C be a nonempty closed convez subset of a real Hilbert space H,
let F be a bifunction from C'xC toR satisfying (A1)-(A4) and let p : C — RU{+o00}
be a proper lower semicontinuous and convex funclion with assumption (B1) or (B2).
Let {T;}X, a finite family of quasi-nonezpansive and L;-Lipschitz mappings of C into
itself, let A be a B-inverse-strongly monotone mapping of C into H and let B be a

&-inverse-strongly monotone mapping of C into H. Assume that
0 :=nY,F(T)) NGMEP(F,¢,A)NVI(C,B) # 0.

Let K, be the K -mapping generated by Ty, Ta, ..., Tn and Yn1, Yn2, - YaN- Let {za},
{yn}, {vn}, {2} and {u,} be sequences generated by xo € H, C, = C, x1 = FPc, o,
u, € C and let

1 1
F(umy) +p(y) — e(un) + (A:l',,,y = un) + ;"‘(y — Un,Un — -Tn> >0, WyeC,

n

Yn = Po(up — 6,Bu,,),

Un = Po(Yn — MByn),

Zn = @nTh + (1 — ) K, vy,

Crir ={2€Ch:lzn — 2l < llwn — 2},

L Tny1 = PC,,+1I()5 ne Na

where {a,} C (0,1) satisfy the following conditions:

(1) {a,} C[0,€] for some e with0 <e <1,

(it) {6.}, {M} C la.b] for some a,b with 0 < a < b < 2¢,
(iit) {rn} C lc,d] for some c,d with0 < ¢ <d < 23.
Then, {z,} and {u,} converge strongly to z = Pyxo.

Theorem 5.2.4. Let C be a nonempty closed convez subset of a real Hilbert space H,
let F be a bifunction from C xC to R satisfying (A1)-(A4)and let p : C — RU{+o0}

be a proper lower semiwcontinuous and convex function with assumption (B1) or (B2).
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Let {T:}Y, a finite family of quasi-nonexpansive and L;-Lipschitz mappings of C into
itself, let S4 be an rp-sirictly pseudo-contraction mapping of C into C and let Sp

be an K¢-strictly pseudo-contraction mapping of C into C. Assume that
O =N, F(T)NGMEP(F,p,I — Sa) N F(Sg) # 0.

Let K,, be the K -mapping generated by Ty, Ta, ... Tn and Y1, Yn2y - YnN- Let {Zn},
{yn}, {vn}, {22} and {u,} be sequences generated by zo € H, Cy = C, x1 = Pe,xy,
u, € C and let

p

1
F(un,y) + ©(y) — p(un) + (I = SA)Tn,y — un) + T—(y — Up,Up — Tp) 20, VyeC,

n

Yn = (1 — 6n)un + 511‘5,[311’711
Up = (1 - /\n)yn + /\nSBy-n)
Zn = Ty + (1 — ) Ky 0n,

Cov1 ={2€Cp:||za — 2|

e ”‘Tﬂ T z”}7

. Tnyr = PCn.H:EOa ne N:

where {a,} C (0,1) satisfy the following conditions:

(i) {an} C[0,€] for some e with0 <e< 1,

(ii) {0}, {An} C [a.b] for some a.b with0 < a <b<1-— ke,
(tii) {rn} C lc,d] for some c,d with0 <c<d<1— kg.

Then, {z,} and {u,} converge strongly to Peg.ry.



